where p runs through the prime numbers.
Let Xm denote the smallest number for which the inequality According to the Turán-Kubilius inequality (see Kubilius [2] ) we have 1.47 < X < 2.08.
The exact value of X is not known.
We shall show that Theorem. X < 2.
The proof is short. Let /¿^ denote the number which takes the place of Am when/(w) is restricted to real and nonnegative values. The desired result will follow from the two simpler results:
(ii) lim supm_00 um < 1.
Proof of (i). Assume that f{m) is real. Define new strongly additive functions by
Then, applying the Cauchy-Schwarz inequality to each summand: 
Proof of (ii). A result of this type is already known (see Kubilius [2, p. 374])
. We follow the original method of Turan [4] (and see also Kubilius [3] ). The sum which we wish to estimate is Finally, Kubilius has informed me privately that he can prove X < 1,764
[unpublished].
